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led to the assumption of different kinds of straight lines, which met at infinity, that is, had there a common perpendicular. Saccheri did much in anticipation and promotion of the labors that were subsequently to elucidate these matters, but exhibited withal toward the traditional views a certain bias.
LAMBERT'S INVESTIGATIONS.
Lambert's treatise1 is allied in method to that of Saccheri, but it proceeds farther in its conclusions, and gives evidence of a less constrained vision. Lambert starts from the consideration of a quadrilateral with three right angles, and examines the consequences that would follow from the assumption that the fourth angle was right, obtuse, or acute. The similarity of figures he finds to be incompatible with the second and third assumptions. The case of the obtuse angle, which requires the sum of the angles of a triangle to exceed 2R, he discovers to be realized in the geometry of spherical surfaces, in which the difficulty of parallel lines entirely vanishes. This leads him to the conjecture that the case of the acute angle, where the sum of the»angles of a triangle is less than 2R, might be realized on the surface of a sphere of imaginary radius. The amount of the departure of the angle-sum from 2R is in both cases proportional to the area of the triangle, as may be demonstrated by appropriately di-
'Putlished in 1766.    Engel and Staeckel, loc tit., p. 152 et seq.